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Abstract—Reed-Solomon Codes are popularly used for error 

correction in many applications like storage devices (CD, DVD), 

wireless communications, high speed modems and satellite 

communications. In this paper, a modified scheme for 

programmable generator polynomial based Reed-Solomon 

encoder and decoder has been proposed. The works reported in 

this paper corrects errors in derived equations and decoder 

architecture proposed by Shayan et al. Moreover, modified 

architectures for programmable generator polynomial based 

Reed-Solomon encoder and decoder are reported. 

 
Index Terms— Reed-Solomon Code, Finite Field, Encoder and 

Decoder Architectures 

I. INTRODUCTION 

Reed-Solomon (RS) code was discovered by Irving Reed 

and Gus Solomon in 1960[1]. It is a linear block code and 

defined over finite field. RS code has a wide range of 

applications in wireless communications, high speed 

modems and storage devices (CD, DVD). Several important 

applications of RS codes have been discussed in [10]. A 

number of general encoding and decoding schemes of the RS 

codes may be found in the literature [11] [12]. The 

complexity of RS encoder and decoder increases with the 

error correcting capability of the codes. Hence, many 

researchers have directed their efforts to minimize the 

complexity of RS decoder. A high-speed architecture for 

Reed-Solomon decoders is proposed in [9]. VLSI design of a 

reconfigurable multi-mode Reed-Solomon codec for high 

speed communication systems with programmable codeword 

length and error correcting capability has been proposed in 

[5]. Most of the existing programmable RS codec have 

programmable codeword length and error correcting 

capability. Beside the application of RS code for error 

correction, it has applications in the design of diffusion layer 

for a substitution permutation networks type block cipher 

[10], secret sharing scheme, message authentication codes 

[7][8].  

 

In [2], RS code has been used to design integrated code for 

both message authentication and error correction. In this 

scheme programmable generator polynomial based RS-code 

is employed but no architecture for the proposed scheme is 

mentioned in [2]. Decoding of Reed-Solomom code 

generated by any generator polynomial discussed in [3].  
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A versatile time-domain Reed-Solomon decoder is 

proposed in [4]. A method was also presented to decode an 

RS code generated by any generator polynomial. But for the 

proof design equations [3] is referred. But there are mistakes 

in the derived equation in [3]. 

In this paper, an improved scheme for programmable 

generator polynomial based RS encoder and decoder has 

been proposed. Present work rectifies the errors in the 

derived equations proposed in [3]. Also architectures for 

programmable encoder and decoder have been introduced. 

Programmable generator polynomial based encoder may be 

employed for error correction and to provide security in 

communication systems. 

Rest of the paper is organized as follows. Section II 

presents basics of Reed-Solomon encoder and decoder. 

Principle of programmable generator polynomial based RS 

encoder and decoder is discussed in Section III. In section IV, 

architecture for programmable encoder and decoder is 

proposed. Programmable generator polynomial based 

shortened RS codec is discussed in Section V and finally the 

paper is concluded in Section VI. 

II. BASICS OF REED-SOLOMON ENCODER AND 

DECODER 

A brief description of RS encoder and decoder are provided 

in this section. 

A. Encoder   

 The RS encoder takes a block of symbols and appends 

extra parity check symbols. The number and types of errors 

that can be corrected depends on the characteristics of the RS 

code. Parameters RS (n, k) code defined over GF(2
m
) are as 

follows.  

m is the number of bits per symbol 

k is the un-coded data length in symbols 

n is the codeword length in symbols,  where n = 2
m
 – 1 

n – k  is the number of parity check symbols, where (n−k) = 

2t t is the error correction capability of  the code.   

 

Figure 1 shows the block diagram of a typical systematic 

Reed-Solomon encoder. 

B. Decoder  

 The decoder processes each block and attempts to correct the 

errors which may occur during transmission or storage. 
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Fig. 1: Reed-Solomon Encoder 

 

RS decoder consists of five sub-blocks namely syndrome 

generator, key equation solver, error location identification, 

error magnitude computation and error correction. The key 

equation solver is the most complex part in the RS decoder. 

Mainly three different algorithms are used for the key 

equation solver of RS decoder. The algorithms are 

Berlekamp-Massey (BM) algorithm, Euclid algorithm and 

Peterson-Gorenstein-Zierler (PGZ) algorithm. Figure 2 

shows the block diagram of RS decoder. 

 

 
 

Fig. 2: Reed-Solomon Decoder 

III. RELATIONSHIP BETWEEN RS CODES 

GENERATED BY DIFFERENT POLYNOMIALS 

A Reed-Solomon (RS) code with block length n and 

number of information symbols k defined over GF(2
m
), can 

be generated by any one of the (2
m

-1) different generator 

polynomials is as follows. 

 

 

     

where m is the size of each element in GF(2
m
), α is the 

primitive element of the Galois field (2
m
) and the constant h 

can be chosen to have values 0, 1, 2,… (n-1) .  

For h=1, equation (1) becomes 

 

 

                

The relation between and g(x) is as follows 

          

   

 

RS codes generated by g(x) and (x) is compared here and 

relationship between c(x) and c(x) is found. Assume d(x) is 

the message polynomial, g(x) is the generator polynomial, 

and p(x) is its parity check polynomial. Then from the 

construction of systematic RS (n, k) code, we can write  

 

         

            

 where q(x) is a quotient polynomial. The codeword 

polynomial for d(x) can be formed as 

 

           

 

Similarly, if  is the massage polynomial, is 

generator polynomial, and  is the parity check 

polynomial, then  

 

                                           

 

where (x) is a quotient polynomial. Corresponding code 

word polynomial is  

  

                

 

To find the relationship between p(x) and , it is assumed 

that 

              

              

 

Substituting the values of (x) and (x) from (3) and (8) into 

(6), we get  

 

           

       

 

Changing the variable x to  and dividing both sides 

of (9) by  yields 

 

     

                 

 

Comparing (4) and (10) it is noted that degrees of p(x) and 

(x) are respectively lower than q(x) and (x), we can 

conclude that 

    

 

Now c(x) can be evaluated using (5), (8) and (11). Since in a 

field of order n, the n
th

 power of any element of the field is 1, 

therefore  and right-hand side of (11) becomes 

        

                                        

 

Change of variable x to  in (7) yields 

 

     

                        

After simplification equation (13) can be written as 
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Comparing (5) and (14), relationship between c(x) and (x) is 

obtained     

                       

                                                                

IV. ARCHITECTURE FOR PROGRAMMABLE 

ENCODER AND DECODER 

In this section, architecture for programmable generator 

polynomial based RS encoder and decoder have been 

discussed.  

A. Architecture for Encoder 

Programmable generator polynomial based Reed-Solomon 

encoder is shown in Fig. 3. The basic encoder is based on the 

generator polynomial g(x). Programmable encoder requires 

extra four multipliers over GF(2
m
), and two m bits registers.  

 

 
 

Fig. 3: Programmable Generator Polynomial Based 

Reed-Solomon Encoder 

 

  

 
 

In these equations,   are coefficients of the 

corresponding polynomials in (8) and (15). 
 

In the 0 is the first and k-1 is the last information 

symbol. The encoder first transmits k number of information 

symbols and after that n-k parity symbols. To generate 

 the m bit register Rin is initialized to α
0
 =1, when the 

first symbol 0 is fed. By feeding the next symbol 1 the 

register Rin is clocked and the new value in the register α
(h-1)

 is 

multiplied by 1   to form d1. This procedure goes on for 

remaining information symbols. The circuitry for generating 

the output of the encoder is similar to the input circuitry. In 

this circuitry the register Rout   is clocked when outputting a 

symbol from the encoder.  
 

Consider an RS (7, 5) Code over GF(2
3
) with primitive 

polynomial  . Assume the five 

message symbols are (1, 1, 1, 1, ). 
 

The corresponding message polynomial is as follows. 

 

 
So  

 

Consider the generator polynomial 

 

 

The corresponding parity check polynomial is 

α15+α12+α10+α9+α8                              (21)      
Simplifying equation (21) by employing the primitive 

polynomial m(x), we get 

 
 

(x) is  

  

Since  , therefore we can write 

 
 

Therefore 

 
 

Since generator polynomial 

 
 

Therefore corresponding parity check polynomial is as 

follows. 

α13+α10+α8+α7+α6                                      (27)     
Equation (27) can be simplified by employing primitive 

polynomial m(x). 

 
 

Therefore, the codeword polynomial c(x) is 

 

 
From equations (23) and (29), it can be shown that 

 

B. Architecture for Decoder 

Modified RS decoder architecture with programmable 

generator polynomial is shown in Fig. 4. The basic decoder is 

based on the generator polynomial g(x). Programmable 

decoder requires extra four multipliers over GF(2
m
), and two 

registers besides the decoder based on generator polynomial 

g(x). Assume the error vector ei is as follows  

      

                                           

Let  ri be the received codeword vector. It has two 

component ci and ei, where 

           
 A new vector  has the same number of errors as ri, where    
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Fig. 4: Programmable Generator Polynomial Based 

Reed-Solomon Decoder 

 

In the decoder, 0 is received first and the symbol 

n-1 last. In decoder to generate   the m bit register Rin 

is initialized to α
0
 =1 when the first symbol 0 is received. By 

receiving the next symbol 1 the register Rin is clocked and the 

new value in the register α
(h-1)

 is multiplied by 1 to form r1. 

This procedure goes on for remaining received symbols. . 

The circuitry for generating the output of the decoder is 

similar to the input circuitry. In this circuitry the register Rout 

is clocked when outputting a symbol from the decoder. 

V. PROGRAMMABLE SHORTENED RS CODEC 

An (n, k) linear code can be shortened to an (n-i, k-i) code 

by setting the first i information bits to zero. Generator matrix 

for shortened RS code can be constructed by omitting i rows 

and i columns from the generator matrix G of (n, k) code.  

Similarly, the parity-check matrix for shortened RS code can 

be constructed by omitting i columns from the generator 

matrix H of (n, k) code.  For a shortened RS code equation 

(11) is satisfied but equation (15) is not applicable.  

Consider an RS (6, 4) Code over GF(2
3
) with primitive 

polynomial  . Assume the five 

message symbols are (1, 1, 1, 1). 
The corresponding message polynomial is as follows. 

 

 
So  

 

 

Consider the generator polynomial 

 

The corresponding parity check polynomial is 

 
Simplifying equation (35) by employing the primitive 

polynomial m(x), we get 

 
Employing equation (8), d(x) can be written as 

 
 

Therefore 

 
Since generator polynomial 

 
Therefore corresponding parity check polynomial is as 

follows. 

 αx+α12+α11+α10+α8+α7+α6+α5 + α3                                                                             
  

Equation (40) can be simplified by employing primitive 

polynomial m(x). 

 
 

From equations (36) and (41), it is observed that  

 
 

For a shortened programmable generator polynomial 

based RS encoder  is computed from  employing 

equation (11). And then   is appended with   to 

compute  . In a decoder p(x) is computed from   and 

d(x)  from  and they are fed at the input of g(x) based RS 

decoder to detect and correct errors. These modifications are 

required in architectures because equation (12) is not valid 

for shortened RS code.  

VI. CONCLUSION 

In this paper, architectures for programmable generator 

polynomial based RS encoder and decoder have been 

proposed. It rectifies the errors in Shayan et al. scheme and 

introduces modified architectures for programmable RS 

encoder and decoder. Programmable generator polynomial 

based RS encoder and decoder can be used in communication 

systems for both error correction and message authentication. 
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